. Let does not vanish identically. We put We shall suppose in what follows that for $\backslash al1d,$ $d_{1},$ $d_{2}$ we have
the latter inequality being automatically satisfied when $\omega((d_{1}, d_{2}))\geqq 1$ .
This condition for $\omega(d)$ , as well as the assumption that
should be a multiplicative function, is in fact satisfied in many cases of applications of Selberg's sieve method. The remainder term $R$ in the theorem is then not greater than
We show that if the condition (1) is fulfilled, then (2) $R=O(z^{2}(\log\log z)^{2})$ , where, and henceforth, the constants implied in the symbol $0$ are all absolute. Furthermore, if $\omega(p)\leqq 1$ for all primes $p$ , then we have, under the condition (1),
$R=O(\frac{z^{2}}{Z^{2}})$ .
Indeed, we have by the definition of completing the proof of (3) .
As an easy application of (3) we can prove that the number of positive integers $n\leqq x$ such that $pYn$ for all primes $p\leqq z$ is less than 
